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Untukn =7
e Pelabelan titik
f(vn) =0
f(vy) =2
f(vy) =9
f(vz) =5
f(yv,)) =11
f(ws) =3
f(v:) =13
f(vy) =14

Menentukan pelabelan sisi

f (e, v1) = |f(ve) — f(vy)l
=10 - 2|
=

f (o, v3) =1f(vy) — f(v3)l
=10 - 9|
= 5

f(wo,v3) = I|f(vp) — f(v3)l
=10 —5|
=5

f(o,vy) = |f(wy) — fF(w,)l
= |0 — 11|
= 11

f(o,v5) = |f(ve) — f(ws)|
=10 — 3]
= 3

f(e,v6) = If(vg) — f(ve)l
= |0 — 13|
= 13

f (o, v7) = 1f (o) — f(v7)l
= |0 — 14|
= 14

LAMPIRAN
Lampiran 1 Pelabelan Graceful pada graf roda W,, dengan beberapa nilai n.

f(vy,v3) =1f(vy) — f(v)l
=2 -9
— 3

f(vy,v3) = |f(v,) — f(vs)]
=19-5|
=4

f(v3,v) = |f(v3) — f(vy)l
= |5 —11]
=6

f(vg,ve) = |f(v,) — f(vg)l
= 11— 3]
=8

f(vs,v6) = |f(vs) — f(ve)l
= |3 — 13]
=14

f(ve,v;) = |f(vg) — f(v;)
= (13 — 14|
=1

f (7, v1) =1f(v7) — f(vy)l
= |14 — 2|
=12
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Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n = 7 merupakan graceful.

Dapat dillustrasikan sebagai berikut:

Untukn =9
® Pelabelan titik
f(e) =0 flp:)=5
fv) =2 Flo)= 15
f(vy) =11 f(v;) =3
fv3) =7 f(vg) =17
f(vy) =13 f(vg) =18
& Pelabelan sisi
v f(v,,v1) =|f(we) — f(wy)l * f(vy,v) =|f(wy) — f(w,)l
= |0 — 2] = |2 — 11|
* (v, v2) = |f(vg) — f(w2)l = f(vy,v3) =|f(vy) — f(v3)l
=10 — 11 =11 -7
= .11 =4
*  f(vo,v3) = |f(vy) — f(v3)l " f(v3,vy) = |f(v3) — f(vy)]
=10 -7 =17 — 13
" f(We,vs) = |f(o) — f(vs)] " f(va,vs) = |f(vy) — f(5)
=10 — 13| = |13 - 5|



" f(v,,vs) = |f(vy) — f(ws)l
= [0 — 5]
= 5

" f(vo,v6) = |f(vg) — f(ve)l
= |0 — 15|
= 15

* f(v,,v7) = If(vo) — f(v7)l
= [0 — 3]
= 3

" f(v,,vg) = I|f (o) — f(vg)l
=10—-17|

17

f (o) — f(vs)

= |0 — 18|

=45

" f(Uﬂ,Ug)
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f(vs,v6) = |f(vs) — f(vs)l
= |5 —15]
=10

fe,v7) = |f(ve) — f(v7)l

|15 — 3|

= 12

= |f(v;) — f(vg)|

= |3 —-17]

= 14

f(vg,v5) = |f(vg) — f(vs)l
= |17 — 18|

1§

|f (vg) — f(vy)]

= |18 — 2]

=16

f (v, vg)

f(vg; V4 )

Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n = 9 merupakan graceful.

Dapat dillustrasikan sebagai berikut:




Untukn =12

Pelabelan titik

f(w) =0
fv)) =1
f(vy) =21
f(vg) =3
f(vy) =19
f(ws) =5
f(ve) =17

Pelabelan sisi

f e, v1) = 1f(wo) — f(v1)]
=0 —1]
=1

f(Wo,v2) = If(vo) — f(v2)
=10 — 21|
= .21

f(Wo,v3) = |f(vp) — f(v3)
= [0 — 3]
= 3

fWo,vy) = |f(vy) — f(v,)
= |0 — 19|
= 19

f e, vs) = |f(vy) — f(vs)
= [0 — 5]
=5

fWo,v6) = 1f (o) — f(we)l
=|0—-17]
= 17

f(Wo,v7) = 1f(vo) — f(v7)l
=0 -7
= 7

fWo,v) = 1f (o) — f(wg)l
= |0 — 15|
= 15

f (o, v9) = |f (o) — f (o)
=0 -9
= 9

f (W, v10) = f(vo) — f(W10)

= |0 — 13|
= 13

f(v;) =7
f(vg) =15
f(vg) =9
flvi,) =13
f(vy1) =2
f(v) = 24

f,v2) = 1f(vy) — f(w2)
= |1- 21|
= 20

fa,v3) =|f(v2) — f(v3)l
= |21 — 3|
= 18

fvz,vs) = |f(v3) — f(vs)]
= |3 — 19|
= 16

f(ga,vs) = |f(vy) — f(vs)l
= |19 — 5|
= 14

fvs,v6) = |f(ws) — f(ve)l
=|5—-17]
= 12

f (e, v7) = |f(wg) — f(v7)l
=117 — 7|
= 10

f(vs,v8) =|f(w;) — f(vs)l
= |7 — 15|
= 8

fvg,vg) = |f(vg) — f(vy)l
= |15 — 9|
= 6

f (9, v10) = |f(vg) — f(v10)
=19 — 13|
= 4

f (W10, v11) = |f(v10) — f(W11)

= |13 — 2]
= 11
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" [V, v11) = f (o) — f(w11)l " (w11, v12) = f(w11) — f(wy2)

= |0 — 2] = |2 — 24|
=, = 22

" (v, V12) = f (W) — f(vy2)l " [y 1) = If(vyy) — fF(wy)l
= |0 — 24| = |24 — 1|
= 24 = 23

Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n=12 merupakan graceful.

Dapat diilustrasikan sebagai berikut:

Untuk n = 15

e Pelabelan titik

f(we) =0 f(vg) =23
f(vy) =2 f(vg) =7
f(vy) =17 f(v19) = 25
f(v3) =13 f(vi1) =5
f(vy) =19 f(vyz) = 27
flvs) =11 f(v13) =3
fvg) =21 f(vi,) =29
flwv;) =9 f(vys) =30

e Menentukan pelabelan sisi
*  f(Vo,v1) = |f(vg) — (V) " f(vy,vy) =1f(vg) — f(v2)l
=10 — 2| =12 -17]
= 2 = 15
vy, v2) =If(vg) — f(v,)l v f(vy,v3) = f(vy) — f(v3)l



= |0 —-17|
= 17
fWo,v3) = |f(v) — f(v3)l
= |0 — 13|
= 13
fWo,vs) = |f(vg) — f(vs)
= |0 — 19|
= 19
fWo,v5) = f(ve) — f(ws)]
=0 — 11|
= 11
f(Wo,v6) = |f(vo) — f(v6)
= |0 — 21|
= 21
fWo,v7) = f (o) — f(w7)]
=0 -9
=9
f(Wo,vg) = |f(vg) — f(vg)l
= |0 — 23]
= 23
f(W,,vg) = |f(vg) — f(vy)l
=10 -7
= 7
f Wo,v10) = |f (Vo) — f(10)]
= |0 — 25]
= 25
fWo,v11) = |f(wo) — f(v11)
=10 — 5|
= 5
fWo,v12) = |f(Wo) — f(v12)]
= |0 — 27|
= 27
f(Wo,v13) = |f (o) — f(v13)]
= [0 — 3|
= 3
f(Wo,V14) = |f(Wo) — f(V14)]
= |0 — 29|
= 29
f(Wo,v15) = |f(vg) — f(v15)]
= |0 — 30|
= 30

= (17 — 13|
= 4
fs,vs) = |f(w3) — f(vs)]
= [13 — 19|
=6
fa,vs) = |f(vy) — f(vs)]
= (19 — 11|
= 8
fvs,v6) = |f(vs) — f(ve)l
= |11 — 21|
= 10
fev7) = If(ve) — f(v7)l
= |21 — 9|
= 12
f.,vg) = If(v;) — f(vg)l
=19 — 23]
= 14
f(vg,vg) = |f(vg) — f ()l
= |23 = 7]
= 16
f (g, v10) = |f(vg) — f(v10)]
= |7 — 25|
= 18
f W10, v11) = |f(V10) — f(v11)
= |25 — 5]
= 20
f (W11, v12) = |f(v11) — f(v12)]
= |5 — 27|
= 22
f (012, v13) = |f (V12) — f (v13)]
= |27 — 3|
= 24
f (13, v14) = |f(V13) — f(v14)]
= |3 — 29|
= .20
f (014, v15) = |f(V14) — f (V15)]
=29 —30
=1
fis,v1) = |f(v15) — f(vy)
= |30 — 2|
= 28
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Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n = 15 merupakan graceful.

Dapat dillustrasikan sebagai berikut:

2 15 17 ,

Untukn = 16

e Pelabelan titik

f(vg) =0 f(vg) =23
f(r,) =1 f(vg) =9
f(vy) =29 f(v10) = 21
f(v3) =3 f(v,) =11
Flpg) =27 i) =19
f(vs) =5 f(vi3) =13
f(ve) = 25 f(vy,) =17
fw;) =7 f(vys) =2
f(v16) = 32

e Pelabelan sisi

" f(vo,v1) = |f(vg) — f(vy) " f(wy,v) =1f(vy) — fF(w)l

=10 —1| = |1 - 29|
=1 = 28
" f(v,v2) = |f(vg) — f(vy)l " f(vy,v3) = |f(vy) — f(v3)l
= |0 — 29| = |29 - 3|
= 29 = 26
" f(W,v3) = |f(vo) — f(v3)] * f(vs,v) = [f(v3) — f(vs)]
|0 — 3] =13 —-27|



f (o, vs) = |f(vg) — f(vs)
=10 — 27|
= 27
f e, v5) = 1f(vy) — f(vs)
=10-5|
= 0
f (W, v6) = |f (o) — f(ve)
= |0 — 25|
= 2N
f (e, v7) = |f(vo) — f(v;)l
=10-7|
= 7
f (o, v8) = |f(vo) — f(vg)
= |0 — 23]
=5 23
f (e, v9) = [f (o) — f(vo)l
=10 -9
=9
f o, v10) = |f (o) — f(W10)]
=10 — 21|
= 21
f (W, v11) = |f(wo) — f(v11)l
=10 — 11
= 11
f (W, v12) = |f(vo) — f(v12)l
= |0 — 19|
=: 19
f (W, v13) = |f(vo) — f(v13)l
= |0 — 13|
=13
f (W, v14) = |f(vo) — f(v14)l
=|0—-17|
= 17
f (o, v15) = |f(v) — f (v15)l
=10-2]
= 2
f (o, v16) = |f (o) — f(v15)l
= |0 — 32|
= 32

f(vg,vs) =|f(vy) — f(vs)]
= |27 — 5]
= 22
fs,v6) = f(vs) — f(ve)l
= |5 — 25|
= 20
f (e, v7) = |f(we) — f(v7)l
= |25 — 7|
= 18
f(vs,vg) = I|f(vy) — f(vg)l
= |7 — 23|
= 16
f(vg,v9) = |f(vg) — f(vo)l
= |23 — 9|
= 14
f (g, v10) = |f () — f(v10)]
=9 — 21|
= 1
f (W10, V11) = |f (v10) — f (V11)|
= |21 — 11|
= 10
f (11, v12) = |f (v11) — f (v12)]
= |11 — 19|
= B
f (12, v13) = |f (v12) — [ (v13)]
= (19 — 13|
= 6
f (13, V14) = |f (v13) — f (v14)]
= |13 =17
= 4
f (W14, V15) = |f(V14) — f(V15)]
=17—-2
= 15
f (15, v16) = |f(v15) — f(v1)]
= |2 — 32]
= 30
f (W16, v1) = |f(v16) — f(v1)]
= (32 —1]
—J i |
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Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n = 16 merupakan graceful.

Dapat dillustrasikan sebagai berikut:

Untuk n = 20

e pelabelan titik

f(we) =0 fvy) =11
fv) =1 flvys) =27
f(vy) =37 f(vy3) =13
f(v3) =3 f(v14) = 25
f(vs) =35 flre) =15
f(vs) =5 f(vye) = 23
f(ve) =33 f(vy7) = 17
fw,) =7 f(vig) = 21
f(vg) = 31 f(v19) =2
f(ve) =9 f(vz0) = 40
f(wie) =29

e pelabelan sisi

" f(We,v1) = [f(we) — f(vy)l *  f(vy,vy) =If(v) — f(w2)l
= |0 — 1] = |1 - 37|
= 1 = 36

" f(v,,vy) = 1f(vy) — f(vy)l " f(vyv3) =I[f(vy) — f(v3)l
=10 — 37| = |37 — 3|
= & = 34

" f(e,v3) = |f(vo) — f(v3)l  f(vs,v) = [f(v3) — f(vs)l

=10 — 3] = |3 - 35|



= 3
f(Wo,vs) = |f(vg) — f(vs)
= |0 — 35|
= 35
fWo,vs5) = |f(vo) — f(vs)
=10 -5
= 5
f (o, v6) = |f(vo) — f(v6)
= |0 — 33|
= 33
f (W, v7) = |f(w) — f(v7)
=10 -7
= ¥
f (o, vg) = If(vo) — f(vs)l
= |0 — 31]
= 31
f (o, vg) = |f(wg) — f(vo)l
=10 -9
= 9
f (o, v10) = |f (o) — f(v10)l
= |0 — 29|
= 29
f (W, v11) = |f(wo) — f(v11)l
= [0 — 11|
= 11
f(,,v15) = f(vy) — f(v12)l
=0 - 27|
—
f (W, v13) = |f(vp) — f (v13)l
= 1[0 —13]
=: 1.3
[, v14) = f (o) — fF(v14)l
= |0 — 25|
= Z5
f (o, v15) = |f(vo) — f(v15)l
= |0 — 15|
= 15
f W, v16) = |f (o) — fF(v46)l
= |0 — 23|
= 23
f (W, v17) = |f (o) — f(v17)l
=|0—-17|
= 17

= 32
f(vg,v5) = |f(vy) — f(vs)l
= |35 — 5]
= 30
fs,ve) = [f(vs) — f(ve)l
= |5 — 33|
= 2B
f (e, v7) = |f(ve) — f(v7)]
= |33 - 7|
= 26
f(vy,vg) =1f(v7) — f(vg)l
= |7 — 31|
= 24
f(vg,vg) = |f(vg) — f(vg)]
= |31 — 9|
= 2
f (e, v10) = |f(vg) — f(v10)
= |9 — 29|
= 20
f (W10, v11) = |f (V10) — f(v11)]
= |29 — 11]
= 18
f(Wi1,v12) = f(v11) — F(v12)l
= [11.— 27|
= 1b
f(Wi3,v13) = |f(vy2) — f(v43)l
= |27 — 13|
= 14
f (13, v14) = |f(v13) — f(v14)]
= |13 — 25]
= 12
f(W14,V15) = |f(v14) — fF(v45)l
= |25 — 15|
= 10
f(W1s,v16) = |f(v15) — f(v16)l
= |15 — 23|
= 8
(V16 V17) = |f(v16) — f(v17)]
= |23 —17]
=6
f(17,v18) = |f(V17) — f(V15)]
= |17—21]|
= 4
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" f(Wo,v18) = [f(vp) — f(v15) " f(V1g,V19) = |f(V1g) — fF (V1)
= |0 — 21| = |21 — 2|
=: 21 = 19

" (v, v19) = |f(vg) — f(v19)l " (V19 V20) = |f(v1g) — f(v30)l
= |0 — 2| = |2 — 40|
= 2 = 38

* [V, v2) = |f(vg) — f(v20) " f(W20,v1) = |f(vz) — f(vy)l
= |0 — 40| = |40 — 1]
= 40 = 39

Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf roda dengan n = 20 merupakan graceful.

Dapat diilustrasikan sebagai berikut:




Lampiran 2 pelabelan graceful pada graf kipas E, dengan beberapa nilai n.

Untukn =11

e Pelabelan titik
f(w) =0 f(vg) =17
f(ry) =1 f(v;) =7
f(vy) =21 f(vg) =15
f(v3) =3 f(vg) =9
f(vy) =19 f(vy,) =13
f(vs) =5 f(vy) =11

Menentukan pelabelan sisi
f(vn: 1?1) = |f(1’u) - f(v1)|
=01
= 1
f(Wo,v2) = |f (o) — f(v2)
= |0 — 21|
—8 1 |
f(We,v3) = |f(vp) — f(v3)
=0 — 3]
= 3
f(Wo,vs) = |f(vg) — f(vs)
= |0 — 19|
= 19
fo,vs) = |f(vo) — f(ws)]
=10 — 5|
=5
f (o, v6) = |If(vp) — f(vs)
=0 —-17|
= 17
f(Wo,v7) = |f(vo) — f(v7)
=10 -7
= /
f (o, vg) = If(vp) — f(vg)
= |0 — 15|
= 15
f(Wo,v9) = |f(vo) — f(v5)l
=[0—9|
=9
fWo,V10) = |f(Wo) — f(v10)
=10 — 13|
= 13

f(vy,vy) = [f(vy) — fF(w,)
=|1- 21|
= 21
f(va,v3) = |f(vz) — f(v3)l
= |21 — 3|
= 18
f(v3,vy) =1f(v3) — f(v,)l
= |3 — 19|
= 16
f (g, v5) = |f(vy) — f(vs5)]
= |19 — 5]
= 14
fs,ve) = |f(vs) — f(ve)l
=|5—-17|
= 12
f (e, v7) = |f(ve) — f(v7)l
= |17 — 7|
= 10
f(ws,vg) = |f(vs) — f(ve)l
= |7 — 15|
= 8
f(vg,vg) = |f(vg) — f (o)
= |15 - 9|
=0
f (o, v10) = If(vg) — f(v10)l
= ]9 — 13|
= 4
f (W10, V11) = |f (10) — f(V11)|
=113 —11]|
= 2
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" f(e,v11) = [f(Wo) — f(v11)l
= |0 — 11|
= 11
Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf kipas dengan n = 11 merupakan graceful.

Dapat dillustrasikan sebagai berikut:

1 20 2118 316 1914 51217107 8 156 9 4 13 2 11

9 5 17 15 A 3
1 " ¢ 11
0
Untuk n = 14
% Pelabelan titik
f(vy) =0 fl) =21
f(vy) =1 fl) =9
f(vy) =27 f(vi) =19
f(v3) =3 flvy) =11
f(vy) = 25 f(vyp) =17
f(vs) =5 flthy) =13
f(vg) =23 f(vi,) = 15

fw;) =7

® Pelabelan sisi

" f(vo,v1) = |f(vg) — f(vy) " f(wy,v) =1f(vy) — f(w)l

=10 —1| = |1 — 27|
=1 = 26
" (v, v2) = |f(wg) — f(v3)l " f(vp,v3) =|f(vy) — f(v3)l
=10 - 27| = |27 — 3|
= 27 = 24

" fev3) = f(wo) — f(v3)l " f(va,v) =1f(v3) — f(va)l
= |0 — 3| = |3 — 25|



= 3
f(Wo,vs) = |f(vg) — f(vs)
= |0 — 25|
=i 25
fWo,vs5) = |f(vo) — f(vs)
=10 = 5]
= 5
f (o, v6) = |f(vo) — f(v6)
= |0 — 23|
= 23
f (W, v7) = |f(w) — f(v7)
=10 -7
— 3 |
f(Wo,vg) = |f(vo) — f(vg)
= |0 — 21|
=21
f (o, vg) = |f(wg) — f(vo)l
=10 -9
=9
f o, v10) = |f (o) — f(v10)]
=10 — 19|
= 19
f (W, v11) = |f(wo) — f(v11)l
=10 — 11|
= 11
f(,,v15) = f(vy) — f(v12)l
=10 — 17|
= 17
f (W, v13) = |f(vp) — f (v13)l
= |0 — 13|
=: 13
[, v14) = f (o) — fF(v14)l
= |0 — 15|
= 15

= 22
f(a,vs) = |f(vs) — f(vs)]
= |25 — 5|
= 20
f(s,v6) = |f(vs) — f(ve)l
= |5 — 18]
= 18
f (e, v7) = |f(ve) — f(v7)l
= |23 = 7|
= 16
f(vy,vg) = |f(v7) — f(vg)l
= |7 — 21|
= 14
f(vg,vg) = |f(vg) — f(vo)l
= |21 — 9|
= 12
f (vg, v10) = |f (wg) — f(v10)]
=19 — 19|
= 10
f W10, V11) = |f (V10) — f(v11)|
= |19 — 11|
= B
f (11, v12) = |f (v11) — f (v12)]
= [11 —1%]
= 6
f (012, V13) = |f(v12) — f(v13)]
= (17 — 13]
= 14
f (013, v14) = |f(V13) — [ (V14)]
= |13 — 15]
= 2
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Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf kipas dengan n = 14 merupakan graceful.

Dapat diilustrasikan sebagai berikut:

g | F i . = .
|l 26 27243 2225 505 1923 167 14201 29 10098 Mg 174 132 15

Untuk n = 15

% Pelabelan titik

f(we) =0 f(vg) =23
flvy) =1 ;) =8

f(vy) =29 f(vy0) =21
f(ws) =3 flvy,) =11
f(vy) = 27 f(viz) =19
fws) =5 f(vy3) =13
f(ve) = 25 f(vy,) =17
flv;) =7 f(vy5) =15

® Pelabelan sisi

* [V, 1) = |f(vg) — f(vy) " f(v,v) = |f(vy) = fF(w)l

= |0 — 1] = |1 - 29|
= 1 = 28
" (e, v2) = |f(w) — f(vy) " f(vpvs3) = |f(vy) — f(v3)l
= |0 — 29| = |29 - 3|
= 29 = 26
" [, v3) = If(vy) — f(vs)l " f(va,v) =If(v;) — f(vy)l
= [0 — 3] = |3 - 27|
= 3 = 24
" (e, vs) = |f(vo) — f(vy) *  f(uavs) =[f(vy) — f(vs)l
=10—27| =27 - 5|



f o, v5) = If(vo) — f(vs)
=10-5
=5
f (W, v6) = |f(vy) — f (V)
= 10— 27|
—
f (o, v7) = |f(we) — f(v7)l
=10-7|
=: 9
f (e, vg) = |f(vo) — f(vg)l
=10 — 23]
= 23
f (o, v9) = |f (o) — f(v)l
=10 -9
=9
f (W, v10) = |f (o) — f(v10)]
= 10— 21|
= 24
f (o, v11) = f (o) — f(v11)l
=10 —11]
= 11
f (W, v12) = |f(wo) — f(v12)l
=10 — 19
= 19
f (o, v13) = |f(vo) — f(v13)l
= [0 — 13|
= 13
f (W, v14) = |f (o) — f(v14)l
=|0—-17|
= 1
f (o, v15) = |f(vo) — f(v15)l
= |0 — 15|
= 15

f(vs,v6) = |f(vs) — f(ve)l

=5 —25]
= 21
f (e, v7) = |f(ve) — f(v;)l
= |25 — 7]
= 18
f(ws,vg) = |f(vs) — f(ve)l
= 17— 23]
= 16
f(vg,v9) = |f(vg) — f(wo)l
= |23 — 9|
= 14
f vy, v10) = |f(vg) — f(v10)
= |9 — 21]
= 12
f (W10, V11) = |f (010) — f(v11)]
= |21 — 11|
= )
f (W11, v12) = |f(v11) — f(v12)]
= |11 - 19|
= B
f (12, v13) = |f (v12) — f (v13)
= (19 — 13|
= 6
f (13, V14) = |f (V13) — [ (v14)]
= 13—
= 4
f (W14, V15) = |f (v14) — f (v15)
=17 -17
= 2
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Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa pelabelan
graceful pada graf kipas dengan n = 15 merupakan graceful.

Dapat diilustrasikan sebagai berikut:

A”']' 3 3 - 15 - ] £
1 28 <7 2¢ ? 24 27 o9 3 2 21287162314 2 12 2l 10 llg 19 ¢ 154 17 2 I

kBl

Untukn = 20
e Pelabelan titik
f(we) =0 liis) =11
fr)) =1 f(vy2) =29
f(vz) =39 f(vy3) =13
f(vs) =3 Flo) =27
f(vy) =37 f(vi5) = 15
f(vs) =5 f(v16) = 25
f(we) =35 Flty,) =17
fw;) =7 f(vyg) = 23
f(vg) =33 flr) =19
f(vg) =7 flvi) =21
f(v10) = 31
¢ Menentukan pelabelan sisi
" f(vo,v1) = |f(vg) — f(vy) *  f(vy,vy) =If(w) — f(v)l
= |0 — 1] = |1 — 39|
" f(ve,v3) = |f(ve) — f(v3) *  f(vyv3) =|f(vy) — f(v3)l
= |0 — 39] = |39 — 3]
" f(vo,v3) = |f(we) — f(v3)l " f(v3,vy) = [f(v3) — ()l
= |0 — 3] = |3 — 37|
— 3 - 34
" f(e,v) = |f(vg) — f(vy)l " f(vy,v5) = |f(vy) — f(vs5)]
=10-137 =137 -5



f o, v5) = If(vo) — f(vs)
=10 - 5]
= 5
f (W, v6) = |f(vy) — f (V)
= |0 — 35|
= 35
f (o, v7) = |f(we) — f(v7)l
=10 —7|
= ¥
f (e, vg) = |f(vo) — f(vg)l
= |0 — 33|
= 33
f (o, v5) = [f(vg) — f(vo)l
=10 -9
=9
f (W, v10) = If(wo) — f(W10)
= [0 — 31|
= 3l
f (o, v11) = f (o) — f(v11)l
=10 — 11
= 11
f (o, v12) = |f (o) — f(v12)l
=10 — 29
= 29
f (o, v13) = |f(vo) — f(v13)l
= [0 — 13]
=: 1.3
f (W, v14) = |f (o) — f(v14)l
=0 — 27|
= 27
f (o, v15) = |f(vo) — f(v15)l
= |0 — 15|
= 15
f (o, v16) = |f (Vo) — f (v16)l
= |0 — 25|
= 25
f (o, v17) = |f (o) — f(v17)l
=10 - 17|
= 17
f (W, v18) = |f(vo) — f(v1g)l
=10 — 23|
=: 23
f (o, v19) = |f (vo) — f (v14)]

f(vs,ve) = If(vs) — f(ve)l

= |5 —=35|
= 38
f (e, v7) = If(vg) — f(v7)l
=135 7|
= 28
f(vs,vg) =I[f(vy) — f(wg)l
= |7 — 33|
= 26
f(vg,vg) = |f(vg) — f ()l
= |33 — 9]
= 24
f(vg,v10) = |f(vg) — f(v10)
= |9 — 31|
= 22
f (10, v11) = 1f(W10) — f(W11)
= |31.—=11]
= .20
f(W11,v12) = If(v11) — f(v12)l
= |11 — 29|
= 18
f (W12, v13) = |f(v12) — f(v13)]
= |29 — 13|
= 16
f(W13,v14) = [f(v13) — f(v14)]
= |13 — 27|
= 14
f (W14, v15) = |f(v14) — f(v15)]
= |27 — 15|
= 12
f(W1s,v16) = |f(V15) — f(v16)l
= |15 — 25|
= 14
f (W16, v17) = |f (v16) — f(v17)]
= |25 —17|
=B
f (w17, v18) = |f(v17) — f(v13)l
= [17 — 23|
= 6
f(v1g,V19) = [f(v18) — f (v19)]
= |23 — 19]
= 4

f (W19, v20) = |f(v19) — f(v20)l
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= |0 — 19| = |19 —21]|
= 19 = .2
" (W, v20) = |f (o) — f(v20)l
= |0 — 21|
=: 1

Telah dibuktikan bahwa hasil pelabelan titik tidak ada yang sama dan
pelabelan sisi juga tidak ada yang sama maka dapat disimpulkan bahwa graf kipas
dengan n=20 merupakan graceful.

Dapat dillustrasikan sebagai berikut:

1 89 3 37 5 35 7 33 ‘g 31 112943 2715 25 27 23 19 91
B30 3 T30 \28%; ] 1) g 3/ 6/ 4,/ 2




